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)

(2) (=] (" = 1))
)
)

l—mQ '
3 t ;
( (arc an1+x2) ;

(4) (zsinz)™

. (20 9) Zk@?& f(z) = cos® xsinz + cos v sin® x 7E[X [H] [ } EN:FSUNIR

(10 43) HEH f(x) FEXE [a,b] LTS HIEE fa) = f(0) = 0 EAER f(z) > 22 f(x),
x € [a,b]. KiE: f(z) =0

(10 5) ¥ f(z) 7S R A W S¥, Hik e i
2f(z) + f(x) = = f'(2).

KiE: f(x) A f'(x) #AE R A5
7. (10 47) UEML: SMEEEARE n, TR o+ 2" = 1 taH N IER z,. #E—EWES {2, }
e, JFRILARIR.
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1.13 PEMZERARKRE 20172018 FFFE—FH
}Eoh (Bl) HAFER
% P T HH. 1 n 1
. (8 47) HHi—AME (0,1] BESLHAF, (HA—SUELEHI R KL, TP H.
. (32 41, BN 8 57) KR FIUMKIR:

1 n
(1) lim (1— ) :
z(e? —1)In(1+ %)
20 (sinz — z cosx) tan
(3) lim Inz - In(1 — z);

r—1—

(4) lim (:p—x21n <1+é>)

f—t

W N

\ o~k
4. (12 43) KRR Jgrlgog FER
sin?(ax) c>0
5. (15 43) KEH a,b 15 f(z) = z 1552 SR ] 5
(2a—x+b, <0
6. (15 93) Wk y=y(z) £ R LA RHHEHTE y+2Y — 2 —sinz = 1. 3K ¢/(0).

7. (8 ) W f(x) EIXNW [a.b] EATE. BB 20 € (ab] B8 Fno) = 0. Ril: L

e (), it e = 1E -
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1.14 PERZEHARKE 2018-2019 FFF—FHf
WEOH (B1) HidEid
2018 4£ 11 H 18 H

1. (8 57, B/ 4 47) BUAHL:
(1) F e — N 1BEFRD “HF {a,} ALASEEL o IR
(2) Fl & — 6 Sk “BB f(x) FEIKI T b—S0ks
2. (16 53, B/ 4 47) K5I ok Kt R
(1) 71151010 (In*(n + 1) — In*n);

(2) lim Vn2(¥n + 1 — I/n);

n—oo

1+a2\”
3) L ;
<):c—l>¥ri-100(2+(ﬂ) ’

(4) mglfoox ((1+ i)x —e).

3. (16 43, B/ 4 4) FHE T T
(1) <1ntan g)l;

1 -2\
2 i ;
(2) (arcsm 1+x2) ;

3 (Vi—22)
(4) (xex)(").
4. (15 5) War=1,a,1 =1+ i,n =1,2,---. KiE: A {a,} WS, FHRILARLE.

3 n
5. (15 43) 3KilE: sinz >z — % (z > 0).

6. (15 4) W f(z) FEXIA] [0,1] F#EZEH 0< f(z) <1 &NV 2,y € [0,1], 2 £y, H

[f(2) = fy)l <z —yl.

1—1‘0

RAE: FAAEHRAFE A 20 € (0,1] f f(x0) =
0
7. (15 47) WAREAHREL f(2) £E (—oo, +00) LA —Fr ¥, Hise

(@) < |f' ()]
KRIE: f(z) 7 (—o0, +00) A& LI,
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1.15 HERFERARKE 20192020 FFEF—FH
WEOH (B1) HidEid
2019 £ 11 A 16 H
1. (36 4, BER 6 9) I (AR BERTIDE).
(1) WHF {a,} NIEKHRES), K lim n

n—>ooa1—|—a2—}—---—|—an'

(2) % lim (\/$2+3x+2+ax+b) =0, 3R a,b FIH.

T—+00

3l — AT EL / = 1 _ 1
0 B o) o TS, L) 0, i | s~ |
- s | T = arctant R . . dy d?y
(4) WHZHTE BisE y 2 = PR, R =, —.
y = In(1 + t?) dv” dz

(5) B f(o) = 2°In(1 —2?), R n > 2 1, f(0) M.

(6) RALIR }Eg]% cos(sin ?4_ cos

2. (12 43) WEREL f(2) £ 2 = 0 BeZBral @, 32 £(0) =0, f/(0) =1, IFH f(z) HREHL
g(x), K f(z?) Rl g(2®) 76 & = 0 ReIRT o« =K FHIOMH.

o1
x%sin—, x #0,
x

3. (18 47, B/ER 6 ) B o N, R f(z) = {
0, x = 0.

fEE T A ) (75Ul B )
(1) 1925 HAE o BURERY, f(z) £ o = 0 AbiESE, (EAR 57
(2) W24 HAL Y o HUATE I, fz) 76 2 = 0 AbrT S (HS % f/(2) 76 o = 0 AARESE?
(3) M HALY o BUAERS, f(z) £z =0 &0, HSRE f/(2) £ 2 =0 ES?
4. (10 47) WK f(x) 1E [a,b] HIES {z,} ZXH [q,b] EHIRFI, H lim f(a,) = A, UE
H: f71E z € [a,b], 515 f(zo) = A.
5. (12 53, B/ 6 57) WRE f(x) F£IXIH [a, +00) (a > 0) EAHHFHFREL, IE:
(1) BREL f(x) 1 [a, +o0) bE—FUELE.
(2) BREL @ 1t [a, +oo) E—FUES:
6. (12 47, B/ 6 77)
(1) % f(x) £ [0, +00) L—Fra] R, f(0) =1, f'(z) < f(z), iIEB: X2 > 0B, f(x) <"
(2) & f(z) 7F [0, +00) EZBAAIS, £(0) =1, £(0) < 1, f/(2) < f(x), iEH: 24 2 > 0 K,
f(z) < e

X

T
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1.16 AHERZFRARKFE 2020-2021 FFEFE—
}ESM (B1) HAdhEiR

2020 4E 11 A 21 H

p—

(35 4, WINE T )
(1) SRAZFE lim \/1+1+...+1

n——~+00 2 n’

1
2xer + cosx

(2) SRR lim .
\/1—|—:1: vV1+ax

(3) SRR lim o1
(4) W f(x) = (Sm x)® S f(2).
)

(5) 15 f(z) = V2 —cosx 7F x = 0 AFIEF] 2° ) Taylor A3k,
(T &

[\

y  Onyl :an<2_&n)7 n:071727"'

N | —

ag =
B $05 {a,} W8, HHSE Tim .
. (10 4) #ER%L

w

(w+a—2)2siné, x>0,
f(z) = 0, r =0,
zeosz+ (b—1)(1 — )=, z<O.
WA o, b NAHMER, REL f(x) £ :I:' =0 AbEZE? R S/E x =0 A F7?
4. (8 &) Wik & 2° —xsmx+cosx—— Y1 R DA A LR,
5. (10 53) & a<b<ec f(x) 53HHE (a,b) %D [b,c) L—8UELE UE: f(z) 7F (a,c¢) L—3K
S
2

6. (10 57) j?ﬂ‘ﬁ. — + ﬁ =1 {E5 — RIRAIVI L, (01555 ARl ) = 1 T 1) T AR e
)N,
7. (10 43) W f(x) 1E [a,b] &S 7 (a,b) LRI H ab > 0. KiE: 71F € € (a,b), 18

WSOZI _ pie) - erie.
a
. (10 99)  f(x) 4 AT HAHEN a € (0,1) BUEIEMH A W2

o J@) = Fa) _

z—0 x

BIE: f(z) /£ x =0 &0 ], FER f/(0) HI1A.
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1.17 PERZERARKE 2021-2022 FFF—FHf
WEOH (B1) HidEid
2021 4 11 A 20 H

p—

.(5%9) He-0iBFIEM: lim \/Esinl = 0.
T

z—0t

. (24 3, B/AER 6 43) KT AR RR:
n(l+n)" + ™

N

(1) nh_g.lo nnJrl
(2) lim (n!)=z

n—oo

2243z — 4

lim ————
(3) ml—>n%x2+2x—3
(4) 1 cosz — 1+ 122

im

z—0 r3sinx —
‘ T 2 #0,
3. (12 9) ¥ f(z) = { x K f(x).
1, xz=0.
4. (12 47) & y(z) = 2% %, f(z) = xy(”+1)(x) + (n+x— 2)y(”) () + ny("_l)(x).

(1) Ry (@)
(2) KiE: f(z) = 0.
5. (12 %) REH (o) = (x _ g) 23 1E (=00, +00) | AR M

6. (10 43) WHE y = y(z) ZRHEHITFE y = 1+ ze¥ BHEHIBREEL RiZEEHZ L5 (0,1)
REFITI 2% TR
7. (10 4) WAL f(x) B XAE [a,b] H f(z) € [a,b], X [a,b] FAEBEANFEM 2,y L
F(2) = f)] < |2 — yl. & 21 € [ab], FEIADHIE L 21 = %@;n b f(a)). SRIE:

(1) {z,} ZHUES;
(2) {z,} WSLT [a,b] F—1i ¢, H f(c) = ¢
(3) W f(o) =o B x —ME—.
8. (8 47) WHEL f(x) 7F [0,+00) EAFFEZFTREL, f(0) =0, f(0) >0, f"(z) < a <0, Hf
o e UER:

(1) f71E zo > 0, {13 f'(20) = 0;

(2) HHE f(x) =0 1E (0, +00) WA ME—LHR.
9. (7 47) WL f(z) £ (—o0, +oo) LAMEEM T, HXMEESE S » e n=0,1,2,--- i
&M (@)| < nllz]. RIE: f(z) =0.
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1.18 AHERFERARKZFE 2015-2016 FFEFE—
HEO (A1) HAdhEiR

1. (10 43) & f:R — R AELSEMRE. IR f —30%
2. (10 47) [ TR, I B EE
(1) WEEE f:(0,1) > R |f(x) — f(y)| < o —y>, Va,y € (0,1), BRE—EH f=0?
(2) WAL f € C[0,1] /ZBSH £(0) < f(1), ) f 75 EIHERE?
(3) WL f € C[0,1], MXf Vt € (0,1), B BAFLE 2,y € (0,1), {13 w = f(t)?
3. (15 %) ﬁ:ﬁ?ﬂ*&ﬁﬁﬁﬁﬁ

(1) lim

nﬁooxf,;f

(2) lim sinmr — 7TSlIll'.

z—0 1}3

-
. n /{; n201
(3) bim (H (1 + 2017)) -
k=1

4. (10 4) BWMERE £ R — R EAERERE, AR —REHR. W 3¢, € (0,1), 4f
3 1'€) < F(1) = £(0) < f'(n):

5. (10 4) % f: 0, 4+00) — (—o00,0] NMEkE. WEW: f IR

6. (15 43) WS {a,}, {b.} CN, jfi 2

I

ai=b =1, a,+V3b,= (an-1 + \/gbn—l)2‘

0 {2 e, Jiski R,
7. (10 43) WRE f € C*(R) W2 My = sup|f(z)] < oo, My := sup|f”(z)] < oo. EHA:

z€eR TSI

M, = sup|f'(z)] < oo, Bl EAENX M7 < 2My M.
T€eR
8. (10 4) WL f € C[0,+o00) W2 f(z) < f"(x), Yz € [0,+00) H f(0) =0, f(0) > 0.
WEB: f(x) = £(0) + f/(0)z, Yz € [0, +00).
9. (10 43) WA SR f: [a,b] — R L % =f <x—|—y> Va,y € [a,b]. K f.



1o M (B 119 2012-2013 AR W B=0AMHEA 19

1.19 FERFFARKE 2012-2013 FEFE—FH
WESHF (B1) SF=5)MK
1. (24 4, BINEE 6 9) KR TIIAER
(1) /x(m 1Y da
(2) / sin(2z) cos® o du;
(3) / sin v/z du;
@ [+ VEF D
2. (24 5, B 6 4) R FHIBS:
(1) /0 " arcsin - da:

@) /*Oo arctanxdx;
1

T2

! 11—z
? /Og,r(f’f? I CE
(4)/ \/|cos x| sin® x dx.
0
3. (20 43) KR NI HIRER:

(1) lim 2

A Y A
z—+oo gt 0 1413
u n
2) lim :

4. (12 47) RIABFRTFE r = e (0 < 0 < +o00) RRIIRLEHIKE.
1 1

5. (10 47) W f(z) € C[0,1] Hiwg 3/ fAr)de+1= 6/ zf(z)dz. KiE: f(z) = .
0 0

&00%)&fecﬁxéamwz/am+w—f@wt*mm@yww@w»

0

dt;




pa

20 1.20 20122013 25— 55 P9 51 FEa A (B1)

1.20 PEBZEFRARKE 20122013 FEF—
HESH (B1) SR
1. (14 47) R BB T P2 )38 g

r+y
1) ¢y = —1:
()?/ y—2 ;
x+y+2
2 ,: .
)y —y+4

2. (12 47) 2‘21;41 PR Y —xy — 2P (y)P =0, W2 v'(0) =1, y(0) = 0 [FIHEE.
3. (30 &) # %ﬁTﬁJi&Iﬁﬁﬁﬁﬁﬁﬁ%&ﬁ, XF AF IR KA 2 SR A SiaE 2 2 vl Jf
5.

my .

(In n)2;
n(n+1)

~
NE
'_'3
~

w3y

- L(2n — 1)
®) ;( b (<2n)!!) '
4. (15 4) WREUTH {f.(x) = n*2%e ™}, A o BUAT{ER:
(1) {fu(x)} #£ [0,1] FUCE;
(2) {fu(x)} 1E [0 1] E— ﬁulwz

(3) & fﬁhm/fn dx—/ llmfn()deE_L
0
SCEAR SCSIX I, JFRE AT 2L

5. (14 ) KEHH Z

JETF K Maclaurin %

6. (15 97) ¥R arctang
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1.21 FERERARKE 2013-2014 FFEF—
WESHF (B1) SF=5)MK
1. (36 4%, BN 9 4) I R AR

r+5
(1) /x2—6x+13dm7

2) /01 V1 — zdz;
O [
(4) /max{$3,:v2, 1} dx.

2. (18 47, B/NER 9 43) RILFR:

i (3 o)

:c+alt
(2) lim (n>dta>OnEN

T—4o00 [ t+2

3. (10 4) FEHMLZE v = 2¢0° M o =1+ y* BT BT B BT AR
4. (18 43) W Dy RHWIL y = 22 MEL v =a, v =2 K y =0 FrEEK-FH X, D,
SERINLE y =22 B v =a K y=0 FrERIFHXIE, 0 <a < 2.
(1) 3K Dy B% o Bhies% m s e ARAR AR Vi, Dy S8 y e % T R e AR AR Va;
(2) 5 a AFMER, Vi + Vs 5K, JFRitm A
5. (6 47) WHBD HEIEH: 20> 00, A

x3 3 2P

-—=< <T——=+ —.
T 5 sine < x 6+120

6. (6 47) & f(x),g(x) 7E [a,b] LiEL: Hipig

/f dt>/ (z € [a,b)) /f /

kB /xf dx</xg( )dx.
7. (6 9) B f(z) fE [a,0] LIEZ, H

/abf(x)dx:O, /abxf(x)dxzo,

UEM: RPN 21,20 € (a,), 15 f(21) = f(22) = 0.
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1.22 HEBZERARKE 20152016 FFEF—
HESH (B1) SR
. (24 7)) THETNIIAER S
ux/ﬂx—n%m

2)/\/ﬁdx

1
(3) / sin 2z + 2sinx do
(4) /(Qx —1)Inzdz.
. (24 73) WETNIERD

(1)/0 e du;
! 1+ 3x .
2 / ErnErn

3)/ min{2, 2*} dz;
-3

<4>/_111f2

. (20 4, B/NEE 10 43) THE R AIRER BI1E.

p—t

[\

w

n

u)mnln[kn+@;

n—oo N

v f(a) S H f(0) # 0.
. (87) W f(x )f[ 1) biEsE, B [—1,1] ERMESESAERE g(x), B

1
/ f(a)gla) dr =
WEH: f(z) 2 [-1,1] ERE s
5. (8 47) W f(x) 1t [a,b] LAHELT AL, UEH:

IS

max | f(x x)dx| +

a<z<b

/!f )l dz.
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1.23 HERERARKRE 20162017 FFEE—FH
WEHH (B1) FE=ME
. (10 7)) He—d 855 HRE f(x) FEAIXHE [a,b] I Riemann AI A E X.
. (14 73) KRAERI):
W) [ v

@) arcsinz 1+ x2
V1—a?  a?
. (24 57) KB4

(1) / v|sing|dr, HA n A& IEEEEL
0

2
x
2 d
( )/0 et 4 e2-7 o

1 dz
®) /_1 (2 —22)/1 — a2
1
(8 49) B f(a) 7 [0,1] LRI, 78 2 — 0 (AT TS, BB / (@) de Wedh. SRIE:
0

, u E\ 1 1
nEToo;f<ﬁ) '5:/0 J(x)do.

N =

dx

w

N

(914

(12 97) &
F(z) = /jtsin%dt, G(z) = /jcos%dt.
K F'(0),G'(0).
6. (14 47) [BIZ T 1 [ R fi 2 1 B B e
(1) f(x) 1E [a, 0] ERTAR, W] f(x) 1 [a,b] LRE— A ERE?
(2) f(x) 1E [a,b] LRI, 1] f/(2) £ [a,b] ERAT—EH?
7. (8 4Y) W RIERL, THER

i
/ cos" x - cosnx dz.
0

8. (10 47) W f(x) 7£ [0,1] LA ELM—MIE, £(0) =0, f(1) =1, H f/(z)— f(x) 7£ [0,1]
RS EE: 1 1
/0 (@) - f() dz > =

e



pa

24 1.24 20032004 FHEH 28 WIARER 51 FEa A (B1)

1.24 HERFRARKEF 2003-2004 FEE—FH
FOH () MRER

1. (20 47, ’@/J\EE 5 93) RUB.

(1) BHEREL f(x) FfEIXTA] [a,b] EH Riemann FR53HE .
(2) ’ﬁﬁ?ﬁ Lagrange I Taylor .

(3) HH KT HREET Riemann AJ A Lebesgue & .
(4) 5 AR > F A E PR

2. (20 47, B/NEE 5 47) KT HIRRER:

f0x2 arctan t dt

( ) T—00 A /1»4 + l
. cosr—e T
S T
. 7 gin g
n—oo x

n2

(k 1)7r (k+1)m
cos — oS
) lim 2n
W Z 1 + cos 5%

3. (20 47, ﬁ’J‘ @ 5 47) XT?J%&J\:
1)/\/_1n2xdx'

(2) /cosassmx d
1+ sin® )"

/ arcsin A l

[ e
NP x = a(cost + tsint) o . B
4. (20 43) RSHE (0 <t <2m NBHL a > 0 NEE) FiRRN

y = a(sint — tcost)
T2 1) IR A i 22
5. (10 47) Kk & R EOT HE:

x 1 z
| trwae=ge [ rwa

ISR ().

6. (10 49) BEAKC f(x) XA [0,1] EATHESEM S AL FL £(0) = 0. RIE

/|f Pdr< ) /(1—x)|f(9:)|2dx,
LSO HANY f(2) = cx, HP e NEEL
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1.25 HERFHRARKE 2005-2006 FEE—FHA
}ESH (1) HARER

1. (20 4, B/\@L 5 47) BURRL
(1) 54 Lagrange AR Taylor & HE.
(2) BHEREL f(x) /EIXA] [a,b] L Riemann B0 )€ X.
(3) BH R THREUZEA Riemann AJFH Lebesgue & 2.
(4) 5 AR B A E BE.

2. (40 5y, WINE 10 %) K FAIE R
(1) lim P arctan @

n—oo

€T
n2 s

Sk
. k=1
(2) i " P> 0

z(Inz)? dr;

(3)
(4) /0é 1ix\/1+7xdx.

3. (15 &7) k=&

sint t 1 —cost
I''r»=—, y=—, z= , 0<t <2

V2’ 2 V2

FRY IR R .
4. (10 43) Bt f(x) £XME [-1,1] ERES R, I HX—UIE [-1, 1] B RRAEr K3 g(x),

1
H f(x)g(x)dx = 0. KIE: f(z) & [-1,1] LREREL
-1
5. (10 4) W f(z) =& XAE (—oo, +oo) Fipi e RE T2
/xtf(t)dt: (z — 1)/mf(t)dt
0 0

R KA. SRAE: f(z) = 0.
6. (547) W f(x) ZMIXIE [0,1] E#i2 f(0) = f(1) =0 KIEELLFTRREL, KIEAER

([ rwa) < [1rora

SR HANY f(x) = Ax(1 — ), Hh A NEH
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1.26 HERFHARKE 2006-2007 FEE—FH
WES (1) HIRER
1. (25 4, B/\@ 5 43) RN HIARER:

1 x
(1) lim—4(/ etgdt—a:);
z—0 0

n+1l _:
. sin x
(2) lim dux;
n—-+o0o n X

[\

- (20 93, WO 5 93) R FAIB:
) [ VEmeds
COos x sin x
@ [ Gt
1
® [ evi-aan
1
+oo
(4)/ e V¥ dz.
0
. (10 43) KRFEETUYTTRE: (z +y)de + 2 dy = 0.

L (10 9) WHEZH S (Vi + T — i) cosn MIF LIS AL
n=1

w

I

L (10 4) FHERETZE S 2% TER I 0 <o < oo LI HOMLSHE.

n=1

. (15 4) W f(x) fEXTA] [0,1] EAEFUESERTRL, £(0) = f(1) =0, H |f/(z)] < 1. KikE:

(914

=2

! 1
| rerae <

S LT AR A 7 TR RO S 3, ot A7

7. (10 93) W {a,} RAIEFEFHHL lim Inn - 1) =\>0. KiE: lim na, = 0.
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1.27 FERFEARKFE 2007-2008 FEE—FH
BEDH (1) BAEREK
1. (15 43, /& 5 47) Ml
(1) AL f(x) FEXIH [a,b] L Riemann F43 1€ .

(2) RBEEORIH S an(e) 754 B _E—Folesnse L.

(3) BURFEL F(x) EX I T P9 1 o TR S
2. (15 4, B/ 5 ) IFE FHBFS

1
d .
w Vil =)
@) [ et
(3) /+Oo e “sinzdu.
0
3. (15 43) REHH D

n

et 2 H MO A IR AT R AL

/
4. (15 4%) Kot o = % + o AR

5. (15 ) ¥ {a,} RIEBFIHGL lim 22 = g < 1. RiE: 2080 ) a, Yedk

G

n=1

6. (15 43) Kik: WBUIRAH D V(1 — x)’a £ (—1, 1] R4S, JFiHie Hm e B
n=1

IX 1] et
7. (10 %) WERHL f(x) 7E 0, +o0) bk Hi L

<Mk ’ de,
@) < e+ /O|f(t)|t

Hep kR EL SRIE: |f(o)] < (kx + 1)k,
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1.28 HERZFHARKSF 20082009 FFEFE—
#}ELT I HEXRER (A H)

1. (15 47) W&
(1) H e — 6 tHE R lim f(z) = a.

;U—>$0

(2) RORREA f,(x) HEES E E—SUSTRE f(x) IE X
(3) BB f(x) TEIXIH [a, +o0) LHITEH B FLERE X.
2. (15 43) IFHE PR

(1) /\/Eln x dz;
cosxsinw
@) | Ty o
+oo
(3) / e Ve dr.
0
3. (15 %) KK Z (2" 1) o BB B SR
2
4. (15 4) R it o = z— — 2 [fIE AR
5. (156 43) KiF: K 2>0,a>10,H (1+2)*>1+az.
6. (10 43) W o> 0, B Z ((n+ 1)* —n®) cosn MISCHUE.

7. (15 %) lxan—Q\/_—Z— SRAIE:

<1)1<a"<2_in;
(2) IR a = hm a, 1F1E;
(3) 4050 {v/nla — an)} F5.
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1.29 FERIFHARKE 2008-2009 FEFE—
ESMH (1) HFXRERX (B &)
1. (15 43) HEEM.

(1) He— N SR lim f(z) =

z—>+oo

(2) SR B HOTIZE K Zan ) EE G B ST B f () B0 L

(3) BURBREL f(x) 1E fl:lETJ [a,b] £ Riemann AJFRAE .
2. (15 47) HER B S

2" Inzdx;

/ arcsin

/ r2V1 — 22dx.

-1

3. (15 %) WHERHIIAN 3 a6 (KA [0, +00) F5—BOlSHE
n=1

dx

4. (15 ) RBIH Y o™ MUGCER R, JERICTHIE (R, B) AL,
n=0

5. (15 43) KW 782 (x4 y)de+ 2 dy = 0.
6. (15 47) W f(x) & XAE (—o0, +00) Ll 2 BT R

/Itf(t)dt = (x — 1)/xf(t)dt
0 0
Kok, SRiE: f(x) =

7. (10 43) & f(x) EXE [0,1] EARFOESARL, £(0) = f(1) =0, H [f/(2)] < 1. KiE:

/f

SCiA) Lt AN A e o SR, A

»Jklr—t
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1.30 FERFRARKFE 20112012 FFFE—
}ES (B1) HAERER

1. (20 43) HHHEFIIRRER:

R
1) lim ———;
( )xg%xln(lJra:)’

2 xX
(2) lim (“ );
z—+oo \ & — 1

n+1 SinQ T

(3) lim

n—oo J. s
n
n

(4) lim > n? + k2’
k=1
2. (10 47) TFETHEHEFR
1

1
1) /§ ——x(l = dz
too 1

<2>/0 A+ (1122
3. (10 ﬁ) R EENIE &GS Gig e

1) S (i it

dx;

dzx.

o 3n—2
& n—1
(2) Z e
4. (10 57\) B f(x )ERM% S H f(2), f/(2), f/(x) #RT 0. SRiE: xgr_nmf'(g;):
5. (15 93) R = (22 4 2)e” HIEAR.

7TL2.’E

6. (15 9) %R HIgEL Z

n=1

(1) SRz sion;
(2) FERSIOR A =R éﬁulﬁc‘“&? wﬁEﬁfEEE
(3) FENCSICH P R AR HOR 737 BEIER .
7. (10 ) ¥ {a,} A IERRIFEBIEES] A Z (a"“ — 1) edl. SRiE: {a,} B A

n=1

8. (10 &) W f(z) fEIXIA] [0,1] FAESM FHEHE f(0) =0, f(1) = 1. 3Kilk:

/0 |f(x) + f'(z)|de > 1.
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1.31 FERFHARKE 2012-2013 FEFE—
MES (B1) HIKER

1. (10 4) WREL f(x) £ 2 > 0 AEX. WHHARY v — +oo B, BREL f(x) 1A PRI FR T
Cauchy WS
2. (20 47, B/RE 10 47) Q‘ETEE’JWE

4 |Cost|
1) 1
( ):c—1>r4£loo x4+|smx|/ 1+

: 3 1
(2) nl_lgloon < nln (1 + 5) - \/ﬁ>
3. (20 47, §/RE 10 43) KT
3 sin2z
1
( )/0 1+6032xd$
+o0
@) / 26— 4 (1 € N)

4. (20 57, |/ 10 53) KN R0 75 7 A AR BT R [v] LAY i
(1) (z+y)de +xzdy = 0.

" N2 __ ./
@ y +(y)/ =,
y(0) =4'(0) = 1.
o N~ (D) (@ 4 1) -~ & .
5. (12 %) Zké)@ilz " FISCSEE AR AL, FRH e e S A A2 ok
n=1

.

6. (10 47) & f(x) £ [a,b] LiEEE 1 (a b) Erl's H f(a) = f(b) = 0. KIUE: XHEESZEL
c, WAELE € € (a,b), 153 /(&) + cf(€) =

7. (8 47) W f(x) =&AE [0,1] J:ﬂlfﬁlﬁlﬂﬁéi‘ﬁ’] LB, 0<a < B < 1. Kik:

/Olf(x)dm> 1:a Bf(x)dm,

«

=
Q

1—a

— MREOTECHIAL

Q
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1.32 FERFHARKE 2013-2014 FEFE—
MES (B1) HIKER

1. (10 43) IHE MK FE:
(1) (In(1 +e™5™"))’
(2) ((z* +1)sinz)™,

2. (20 43) TFECT IR
(1) Tim P arctan x

n—-+oo n2 x

Xz

J:%Z TR
3. (20 9) frﬁ?ﬁﬂ’]ﬁfﬁ%ﬁ*ﬂﬁﬁj\:
(1) /(x + 1)’ lnxde
1
2)/ 21 — 22 dx
-1
4. (10 93) KRG JTHE ycosa: — ¢/ sinz = y*(1 — sinz) cos .

5. (10 53) THERR AR Z FEIXTE] [0, +o0) b —Fe st

—nx

6. (10 57) KWL Z PRI S5 IX 4 R A o 4

+1)
7. (10 47) Kilk: XTEE 1:>0, y>0f " +e! +ay <™+ 1.
8. (10 47) & f(z) £ R FH ISR, f(x), f'(x), f"(x) FRT 0, REAFEIES a,b, 1§
13 () < af(z)+bf'(x) Y v € R 3L KiE:
(1) lm_f() =
(2) FFAEHHL ¢, R f'(z) < cf (2).
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1.33 HEBZERARKE 20152016 FFEF—
WESH (B1) HAXRZER
1. (10 43, B/\RE 5 43) R FHIHLR:

(1) lim [ +/ncosnzsinz”dx

[ sintdt
Sin

2) lim =2

2 230 In(1 + z%)

2. <2o 5, G 5 #) K FAIR:
/x arctan z dx

(1—x
1+x2

/ x3 +1 de

3. (15 9) # f(z) = xln(l +2%), K f(0).
4. (15 43) RAE [0, +00) LIELLATIMREL f(x), f(0) = 1, MAEXMER ¢ > 0, HIZREX L.y =
f(x), v € [0,¢] WIKAGIFEET L SR L TELL « = ¢ PrE B X IR, JFK L
5% o e TS IR AR O AR A
5. (20 47, |/NRE 10 53) KRG J7 R IE A

(1) (sinz)y” — (cosz)y’ = sin®x + 1.

(2) ¥ =3y + 2y = 2z.
6. (12 43) & f(x) f£ R RiEZ, HEi1E f(z +a) = —f(x). Kilk:

/:fo(@ dz = —a /Oaf(x) dz

7. (8 4%) W f(x) £ [0,1] 3%, H 0 < f(z) < 1. KIiE:

2/01mf(m)dx> (/Olf(x)da:>2,

HRAE 2Ny S s IE S PR L

® [ e
o f
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1.34 FEMFERAKREF 20162017 FEE—FH
HFES (Bl) HAXER

1. (10 43, B/\RE 5 43) R FHIHLR:

.1’2 .
(1) lim fo sin v/t dt
e—0t  In(1 4 a3)
1

(2) nlgglo n(1 — z) cos(nz) sin(x") dz

2. (24 %, BIMEL 8 43) KA

(1) / xarctan x do

(2) /1+oomdz
(3) / llsﬁmdx

3. (10 ) ¥ 6> 0, BHESNIH Y- = AHIERI 5. +00) F (0, +o00) LT
n=1

SOl .
4. (10 83) RBIH S — o MRECE MBS
n=1

5. (20 43) KB HU5 J7 R B A

W) ¥ +y =y’

(2) zy” + 2y = 2.
6. (10 43) R TTHRE o — 2y = ™ WM y(0) =0, ¥/ (0) = 0 FIFFIE.
7. (8 47) W folx) M fi(x) /& [0,1] EMIEESREL, WL fi(x) < 2fo(x). &

2fn(x)

e S E T
SKAIE: ,
(1) fal(@) < cafor(@), H o - 2, o1 = Cninl, n=12
D 1)~ fosto)l < (3) 1460) = fatol

(3) BREH {f.(2)} 1E [0,1] E—F0lkesh.
8. (8 4) | {a} RAT 1 MEbHEH. SKik: HH >
{an} H 5.

a

G T A B AR
+1

n+1
a,Ina,
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1.35 HERNFERARKE 20172018 FHEF—
}ES (B1) HAERER
1. (10 43) W ag,ar,--- ,an & n+ 1 PDEE, 20 € R, K n RETAK P, (2) W2
P®(z))=ap, k=0,1,2,---,n

2. (24 9, BE 6 4) KRTHIBS

(1) /Sirllxdw
(2) /e%dx

3) /1 x? arctan d
0

3. (14 43, B/ 7 4) KM TG 7 FE:
(1)K o+ +y +y =0 FISZAIEAE.

"+ %2y = 4
@ kYT
y(0) =0

4. (10 9) ¥ f(o) BAE [0, g] A A 2 A S R . SR
a:/oxf(t)sintdt > (1 —cosx) /Oxf(t)dt, 0<z< g

5. (12 ﬁj\) W Uy () = (—1)"xe™™. UEH:
Zun £ [0, 1] —Folkesk;

(2) XFTFAERAT 2 € [0, 1] Z|un )| Whesk;

Ziw )| 26 [0,1] FAR— sl

6. (10 ﬁ) REEH f(2) =In(1 + z) 7F 2 = 2 &/ Taylor VBRI, FH48 HIEHLES.
7. (10 43) BHIERE f(2) XA (a,b) BTS20 € (a,b). ELEH

f(z) — f(xo)
gx)=4 w—xz z € (a,0) \ {zo},
f/($0)7 T = Xp.
W g(x) 1t zo W[5, H f(x )?':E o WAl KAE: J(z )E 2o .
8. (10 %) ¥ f(z) 7€ [0,1] B —WiEs: S ®m%, B F(0)F(1) = 0. Kil:

/01 |f'(x)]dz < 2/01|f(x)]dx+/01 ()] da.
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Hesordr (B1)

1.36 PFERFHAKRFE 2018-2019 FFE—

WESH (B1) HAXRZER
2019 £ 1 H 11 H

1. (10 43) ¥ f(x) = ™)(0).
2. (20 &, B/ 5 53\) QW I FAERR )
1
S et
1
@) /1x3+x2—x—1dx;
(3) | warctanzdz;
[
(4) /1 T dz.
3. (20 47, /AR 10 43) RN HERIR T e
(1) 3R (1 +2%)y" + 22y = = WIEfE.

(2) 3R " — 3y + 2y = 22 — 3 HIEMR.
4. (10 %) % f(x) 2 [0,1] FIES B K-

/ﬂxf(|cosa:|)dx = 7T/2 f (Jcosx|) dx
0

5. (10 %) BFF é&lﬁ@iiﬁzz ) CEIX T (1, o0) 18— 0licdk

6. (10 53) KWL Z =y PRI DX 4R DA R A s

7. (10 4) & {a.} Eﬁiﬁzﬂ, i 2

Qn 1 1 1

an+1 nlnn n
T E A | .
a,nlnn
1 n <14 —;
(1) apt1(n+1)In(n + 1) n?

2) JHY an KL
8. (10 43) i&gzj & R ERUE AR AR E, XA o,y e R, A
() = F'W)I < e —yl.
RiE: ST z € R, A |f/ () < 3f(2).
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1.37 PFERZEHARKE 2019-2020 FFF—FHf
WESH (B1) HAXRZER
2020 %= 1 A 10 H

1. (30 5, GG 6 4Y) FHUUE (%t B D).

1

(5) B f(z) =™, p ~HEL, p >0, 3K lim [f(1)f(2)--- f(n)]»7T.

n—oo

2. (10 43) CHIMEZ y=y(o) i 5, BERESWTILFATELZ 20—y —5 =0, 1M y(z)
WD TRE o — 6y + 9y = e, KLk y = y(2).

3. (10 4%) SRR [lna| + [lny| = 1 7467 1T i1 2% 9 FEL Ak 3P T B O T A,

gc’o‘sini z € (0,1]
4. (10 53) ¥ o, 8 NEHL REL f(2) = b’ Y
0, x = 0.
72 HAX Y o, 6 BURHMER, f(x) FEIXTE]) [0, 1] ERTRL? (7R UGHIE )
(VE: BEARRPTRUR AR A I8 S SRR, A ORI )
5. (12 4, BN 6 )

n

(1) WM o> 0, WHEERIH Y ( %) RS
n=1

k=1
(2) WK A > 0, PHEREOTAH Y (T —sin ) LEFAIX I [—A, A] L9 Eoledtt.
n=1
6. (8 7) W f(x) 72 (—oo,+o0) HIIAIFRE HA K%L, CH F(z) 22 f(z) B—DJRER
¥, R / F () da

7. (12 %) WEE f(x) R T SEMIESRE, F(z) 2 f(z) —NERERE. WEW: F()
T

FEUL T A9 T R L 75 56 9 46 R / () de = 0.
0

8. (8 ) WH {a,} NEREF, FH Zan KB UER: R Zana:” ISR 12N
n=1 n=1
1.
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1.38 HERZEHARKF 20202021 FFEEFE—
}ES (B1) HAERER
2021 £ 3 H 7 H

1. (30 4%, WINEE 6 &) .
3
(1) /sm xdm;

COS T

(2)/ In z dz;
0 1 tan x
(3) lim — / sin t* dt;
0

z—0

(@) o — 2y =20 WEAR;
(5) KL an ISR B S AT B S ().

2. (10 4) REBFFED < 1+ c0s0 (0 < 6 < v) FERIFH EILL AR
7= e B AT .

3. (10 47) KW " + 4y = 9z sinz HIIEME.

110 9) KRB 1= [T

o sinx + |cosz|

5. (10 ) ¥ f() = m Y85 70 — —4 GAETFRR Taylor TEAL, FH46 1 IF24
WL o MAEGEE.

6. (10 43) EHCIAH S T AEIKI] T = (0, +oo) HFRAERMSC KT FSC Bk
{0 7 E B "~

1
7. (10 4) % a, /0 ﬁdt i @@&Z ma, HIMCERTE: B, A I AR

AT $ AR RAE B
8. (10 4) & f(x), g(x) FEMIXIA [a,b] Fisk HAE ﬂ)mﬁﬁg,@»@mﬁﬁgﬁa

b
SR . i T, — / (F(2))g(x) da. lmwu{ e, BIEHRN ma f(2).

a\x\
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1.39 HERZEEARKF 20212022 FFEEFE—
}ES (B1) HAERER
2022 41 H 13 H

1. (10 4, B/@R 5 43) AW P EREAE [0,1] L2 Riemann AJFL Ffud AR H.
sin @ x #0 ism1 x #0
(1)f(90){ z 7 (Q)f(x){f’”2 z’ ’
1, xz =0. 1, x = 0.
2. (10 &, B/E 5 5r) RN TH R AR IR
fO mdt llminn+k2
1 )igl% Iy (f; arctant dt) du’ THOO” 1;[
3. (20 47, B/EE 5 43) KT ER 0 BAER
2 2
(1)/ (x +1)vV4 — 22 dz; (3)/ x - |sin(7rz)| dz;
i 1 ) /0 arctan d
@ [ oot P+

IN

. (10 53) KITHE ¢" + 3y + 2y = 2x [MIEfE.
. (10 4Y) THiBEH Z M M S A o i Bl

o

1 2 Dan — na,_ I
6. (10 4) &% ap =1, a1 = g, oyl = (n+1)a, — na Lon=1,2 . RELH Z%In
n=0

n—+ 2
IS AR, USRS A R R R 4 1
7. (10 4) B o(z) 2 R LMY 1 MiEgE s H /0 p(x)de = 0. & f(z) T [0,1] FH
FES N SR R
(1) & G(x) = /Owgo( )dt, W G(z) 7E (=00, +00) LA T,

1
:/ f(2)p(na) dz, )ﬂJZa sk,
8. (10 ) B {a) REWIMMELS, BE 1) & [0, +o0) KFRABIM, 3

“+oo 1 d
/al :Bf( N v e

An+1 — Qp /\ Ap4+1 — Ap A

9. (10 4) & {a,} Ej@ﬁ(ﬂ a=1, H Z |an| WK

(1) Kk Zan cosnx 1£ (—oo, +00) —FUSL;

(2) &LEH’J BORGE MR BN f (). KIE: FFELE o, 15 | f(2)] > %.
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£ 2 7 BMEDH (B2)
2.1 FRERFRAKS 20112012 FEEFH

HEDH (B2) SR
1. (15 97) IHEZH=HHY

[ [ () [ [ ()

2. (15 4) HE é*u/\//(x+y)dxdy,ﬁquzEéEﬁﬁﬂléf 22 —2zy+y? +ax+y =0 FIdh
D
fx+y+4=0 FRHAE XL
3. (15 ) rHE=FEHy /// ryzdedydz, PV Z2H 2 =2y, 2 =0, 2 = -1, 2 = 1,
v
y =2,y =3 Flm XK.
4. (15 %) WEMZ L AP o2 + o2 = 2, ﬁﬁﬂa@éﬂw\/\/xuy?dz.

5. (15 %) HEEE //zdS, Hoh S R - "”’32;1/2 o= 12 iR
ST,
6. (15 47) iEH:

1 1 1 1
/dxl/ dx2-~-/ T1Xo -+ Ty dx, = )
2nn)

7. (10 4) W—ERMMPITREN 2° +y° + (2 + 1)* = 1, WESRERTE BT — 5 Q &rIPIFim
R, RN P, M Q EERH LSS, & P BB e s—H Al S, K td i dh i
S T 8 PR ST A R AR AR

41
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42 2.2 2012-2013 “FAFEE 2FH B — UK 52 far B (B2)

2.2 hERFF/RARKSE 20122013 FEFE — 4
WESH (B2) SR

1. (20 47, ®/RR 10 43) P BREE S RSV EA A ? - SECE BAAAE? AR
(EEU I )

( x3y

—, |, 0,0),
(1) f(z,y) = < 2°+ ¢ (z,y) # (0,0)
L0, (z,y) = (0,0).
( 1
rysin———,  (x,y) # (0,0),
@ foy) = e WY F00
\07 (z,y) = (0,0).

2. (15 ) 8D = {(e.)le > 0.y> 0} KEH f(a.y) = ay+ 2+ =L EDH D LRI,

S BTR B A 75 el

3. (10 %) /il Lagrange FHGERINL y = (v — v2)? LIS R A IR N,
u=2r+y

4. (20 %) REH ¢ HEAER { s 7
v=x+cy

0%z 0%z 0%z
2 — 2 =0
0x? 58x8y + Oy?

2
ity L2 o) Horh i S B S
oudv

5. (15 97) W f(z,y) F£XI D FHZPrFE, B ZFrimSE8E RN 0. KiE: f(r,y) 2%
— IR, BIAFEREL a,b, ¢, 15 f(z,y) = ax + by + c.

6. (10 4) % 2 = z(z,y) RHAFTEE ar + by + cz = o(2® + y* + 2%) FifE RS, Hh o
MU — 0K EL, a,b, c AL SKRIE:

0z 0z
(cy — bz)% + (az — c:c)a—y = bx — ay.

7. (10 ) W By = (Tp,yn), n=1,2,--- &P EW—AF R85 KiE: {P,} AWSHH+
5.
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2.3 HERNFERHAKE 20122013 FFEFE _FHf
BESH (B2) FXMA
1. (10 o, BN 5 ) g
1&/ﬁh>0£$lﬁﬁﬁﬁj?ﬁi: CER: fE T S A J, {6
2 f>07E J LRor.
(@) #3E—A D = [—1,1 LHAEREE f(z,y), 8 f 16 D LEUAE BE f(z,0)

%?$173vﬁﬁﬁgy%0f@yﬁ%?x7ﬁ'@%%ﬁm
2. (40 47, B/EE 10 9) HHE A5

(1) // v+ yrdedy
2 +y2<a+y

2

V1i—z? 2— xQ —y
/ dx/ dy/ 2% dz
2+y
o) [ a0 s
1+ a3

/// zIn(x? + y* + 22 Jrl)dxd &
a2 4y2+22<1 4+ y? + 2%+ 1 Y

3. (15 43) EH x|+ |yl = 1 Frlpk P X sk i i s
(15 4) HEH (gt + %) =20 IEBZEI’JiﬂZISH’HZIS
(10 9) B fx) 1E [a,b] LIS R WHEE 2 € (a,b), B

T T Tn 1 T
[ [ [Tt dnn = [ @ wrf@)ay n=12,-
(10 ) R TNERR

///cos:vdxdydz
/// cos(ax + by + cz)dr dy dz
v

Hrh VvV RBBAIIRIR 22+ 2 + 22 <1, a,b,c AWEL W 2+ 02+ 2 =1

(SN

o
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2.4 HERZEFARAKE 2013-2014 FFFZFH]
WESH (B2) SR

. (10 47, B/RE 5 47) MRS
(1) UL n TCEREL 2 = f(x) = f(z1, 20, ,2,) EHE NI D H— 51 o JHLHTE L.
(2) BUAZTTEREL f(z,y) 1E (z0,90) WITIR] € = (ug, vo) HIT7 1A FELHIE L.

. (15 43) NI RR AR SR RS A ? e SRR R ATEAE? R R? (EEULBEL )

p—t

[\

x2 + 92

(e + ) sin———. (2.9 # (0,0),
0, (x,y) = (0,0).

bt
~
—
[S)8
P
~
=l
=
8
s
I
—
+
@
=
Q
@}
n
8
I
<
a@
<
=
>
ey
I
T

.u5ﬁ)K@ﬁﬂawzg+%E%ﬁﬁ+ﬁ=12?%%ﬁmﬁ

=2
(20 4) skas e s LT T o
V=2 +cy

S

(o)

0%z 0%z 0%z
2 — 2 =
0x? g 0x0y + Oy? 0

2
it D2 0 Hb I SR

oudv 5
of

6. (15 %) R7E R® LIRS 07 WSEATRERAL f(x,y), Bl a,b RHH
ay "

7. (10 ) & 2 = z(z,y) RHAFEE ar + by + cz = o(2® + y* + 2%) FifE R s, Hb o

R AT TR, o, b, R KIF:

0z 0z
(cy — bz)% + (az — cx)a—y = bx — ay.




2 @ HEHT (B2) 2.5 2019-2020 *AHEF = 5 89 w45

2.5 HBERFR/RARKST 2019-2020 FEE — S 4HF
BN (B2) £ 8-9 =ik
2020 £ 3 H 27 H

. r+y=0, .
1. (15 43) RHEZ L, : GEHE Ly v = —y = a
2c —2—1=0
TitE.
2. (15 ) &
sin(zy?) 2 2
(@Vlal +a* +y" + ) =5 o+t 0,
0, 24+ y?=0.
kAl

(1) = a,b NAEE, f(z,y) ERAEESL?
(2) F a,b NATEE, f(z,y) R AR

3. (10 ) & 2 = 2(a,y) B WEGHSH, Bk {”“af 0

P
v=24+2\/y dy

182
20y

4. (20 47) &

=0, WHE o FI1E.

5
T 2 2
0
f(l'7y): (y_$2)2+$67 xZ +y 7£ 3
0, 2?4+ % = 0.

(1) % e = cosai + sinaj, RRUMITSH | %0 BEAH o
(0,0)

(2) R M(2,-1,3) H5HE L:2—1 = —y = 242 5, H5VH 1T : 30 —2y+2+5 =
0 IR o MELITTE.
5. (20 43) WHAERI X : 2® + 3y + 2° = 1, [T ABEERTEAE S — SRR B YI~F 1.

oK

(1) A5 17 5 =205V~ 1 B RS Y T A 60 A AR A /0N B 010 ) A

(2) A 1T 5 =/ Ah5-F T i = A TR I AR N B9 D) s AR
6. (10 ) W f(x,y,2) BRI S 2® + 9% + 22 <9 DHESMmSE, HilL [V <1 M
£(0,0,0) = 1. I

[f(z,y,2)| <4, (2,9,2) €5

7. (10 ) & f(z,y) BESLAMSE, H £0,1) = £(1,0). WiE: fFERAME 22 +4* =1 L,

EDAFAE PN A B 5506 22 7 7
8f 8f
Yor = ay
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2.6 HERFRARKSE 2017-2018 FFEFE - HA
}EO (B2) HAthEiR
1. (10 43) W D(x,y,2) £ =JurlTERE H T2 & (2, y, 2) = 0 BERHE n] 1 RS R 4L

:x(y,z), y:y(z,x), Z:Z(l',y)

2. (10 43) & F(z,y) & _Jon] e %. Kik: 26 P EE— 2k B AR h i
F(z —ay,z—by) =0

PR R Y)F IS S E LT, b a, b REHL

3. (15 4) Wik

1
(:B2 + y2) sin e #0,
flz,y) = o? +y?
0, 2 +y* =0.

FEJR R AT R, DR EAE R R 3 0 75 227
4. (15 4) Ha; >0(j=1,2,---,n). R

f(xy, 29, - ,xn):xf%—z%%—---%—xi

TE A

a1, + asxo + -+ + apT, =1
T HIH/IME.
5. (15 %) K& R HK S

D= {( y)|as +ys < 1}
R £(1,0) =1 WIE{EES R f(2,y) H18 // ;’i do dy BB &N, FHER H A
fti. ’

6. (15 47) IHE=HEHI>

/// (2% + y*)°zdodydz,
v

Foop VORI 22 4 2 < 1 BT 2 — /322 1 2 + 1 K 20y FHFTE T (55
7. (10 8) B f(a,y) RENIE D =R\ {(0,0)) PSR WE Vi £0 H

gi gjyc 0, ¥Y(z,y) € D.
R fla,y) BISEE T,

8. (10 9) WP EH (x—a)?+y?=d> (a>0) RHFhS. W SRS P 1Y) diEE
% WIS Q. M P REIEEIN, S Q MHUESE vy P F—S3 gk, skt i th 2
3 IX 38 1 T A
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2.7 HERFFRARKTE 20182019 FEE 5
}EO (B2) HAthEiR

1. (10 47) WAZTHEL L1 5 L, 723~ e X

T =1, 20 +y =1,
Ly : Lo -
r+y+z=1, r+2z=0.

RS e AT I B2 EA TR B B A
2. (10 47) WA kMgl IR E

T =9z
P4yt =2
T I 2% i 2 72 AE — NP1 b, JFge B )
dy

3. (10 9) Wit y = 2warctan & P TRIMMBRREL y(a). R .
4. (15 9) REHL f(z,y) = 2? + oy — 2 FEXIK

D = {(z,y)|z* +y* < 2}

B KR MA.
5. (15 49) ¥ C >0 & AHH, LUREL f(r,y) WL X TP BRI (0,y), FE
a(z,y), b(x,y) MAFXSTARTRE b, kWL |h|+ k) <1, B

[f(@+hy+ k) — f(z,y) — ala,y)h — bz, y)k| < C(h| + |k])2.

Kilk: f A —BOES A FEL
6. (15 47) SKAHEK

1'2 y2 22

? + E + Z =1
PP o 4+ y + 2 = 1 FAF B HI P Heod ) ARF NI — B AR,

7. (10 %) ¥ m RERK. K

// (2% — y*)™ dx dy.
|z +lyl<1

8. (15 497) ¥ D= {(x,y,2)|zr,y,2 € [0,1]} M E = {(2,y,2)|2° +y* + 2" < a}. Hac(1,2),
K DN E KRR
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2.8 AERIFEFARKE 2020-2021 FEFE _FH
WEOH (B2) HdEiR
2021 % 5 A 15 H

2 2
(1) kB m Y
24y2 =00 T + Y
(2) 3K f(x,y) = (x +y)® FEXIH D = [-1,1] x [-1,1] LR
B)RKMFEa=i+j+k5b=1i+2j+3k FIXFE a xb.
(4) 3R f(x,y) = "V LEJE ) 4 B Taylor EH.
2 B f(o.y) B 2 WL S, g—g 20, K floy) = 0 e MEES y = o(x) F—HS
(R SR,
3. iEBY

I= /(x2+y2+22)dxdydz,
1%

ZL‘2 y2 22

ﬁ\:EPV:{( ) +—+— 1,x,y,z>0}.

4. W x,y,2>0, x4+y+ 2 =1, i’ Lagrange HER f(z,y,2) = 2"9°2° (a,b,c > 0) ]
ICPNIH
5. WL u=u(z,y), v=v(r,y) A _FIELLF T, FHiHe

ou Ov ou ov

or oy Oy Oz
EH: WM W ESE TR 2 = f(2,y), B

o ot ((ou)' (V) (0 o
ox2 Oy Ox dy ou? 2]’

y? B 4\/‘ 5\/’
()jzfﬁﬁfj?—+l—6+2—5 LAERS My [ V3, —— 3

(2) ¥V RYIPPIE 1T -5 =405 1 1 0 DX, ?Jﬁ/\

1—/// 3———— dxdydz

7. W A B,C i EAILN =, H=MAE AABC A— 1WA > 120°. B EF B

T EREL
= |PA|+[PB] + [PC].
(1) WEBIER S f(P) T LAZE ST b IS B M
(2) SREAEL f(P) 75T A FOIBE I ;
(3) UEBHER L f(P) A TE AL, SRR E e/ IME I Ud B B .

HFIYI~FIH IT;
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8. W fRIEXIE D={(z,y)|2*+y* <1} LM=ELTMsE, H f(0,0) =0.
(1) UERH: A74E D L 2 B sl nl il ek 2 gy, go A2

f($7y> = a:gl(x,y) + y92<x7y)'

(2) Xi& Vf(0,0) =0, H

#
2
det | 9% 9 (o o) <,
rf  of
oxdy  0y?

WERA: 7EJR S — AN AR v = 2(u,v), y = y(u,v) fE1F

f@(u,v),y(u,v)) = u® —v*.
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2.9 FEPNFFARAKE 20212022 FFF_FH
WEOH (B2) HdEiR
2022 4 5 H 8 H

1. (24 7, B/ 8 &)

(1) ReREL f(z,y) = V1 — 22 —y2 LEA (0,0) BT 4 B Taylor FEJF=.

(2) WEREL u = /o2 + 92 + 22, B 22 = 2® 4+ ¢° 7655 M(1,1,1) A B ANE R &N
n, 3K —‘

(3) fEILK A 1 BIE R ABCD — A, B,C.D, ¥, N #& CC, W /&, O &IEN I ABCD
Iy, M & A Dy W &, K& M 3PP OB N RS,

Ay ; B,

7

2. (10 43) W y=p(z) ZHFE siny +e” —ay —1 =0 7E (0,0) 340N E IR R %L, SR
¢'(0),¢"(0).

3. (12 9) R f(z,y) = 2°y(4 — 2 —y) FEHXIE D = {(z,9)|r >0, y >0, v +y < 6}
KBS R ME.

n 2 2
4 (12 %) 5 E¥H . BEH f(r.y) (z+y)"In(z"+y°), (z,y)#(0,0), I
0, (xay) = (070)'
AR, f(z,y) F£RL(0,0) &b: (1) ESE; (2) AT
5. (24 43, B/ 8 47)
1) 15 // v de dy, Hb D &R {:1: = alt —sin?) 0<t<2m a>0) ky=0
D y = a(l — cost)

] S 1 P X33

(2) it41 //2 lwyz|dS, Z AHEH o* + o7 = 2 BLTPI 2 = 0,2 = 1 Z[WH 5

(3) it /// 2| dzdy dz, F vV REET (02 4+ 4 + 222 = a?(2® + y* — 2%) BB b
X%k (a > 0). '
6. (10 43) CHIHHZR 52° — 62y + 5y* — 62 + 2y — 4 = 0 2, FIH Lagrange Fe%ik R 1%
A1 P TR A
7. (8 %) IEWA: AT

f(x,y):1+/$du/yf(u,v)dv

D 0<s<1,0<y<1 FEZH -NELSR.
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2.10 FERERARAKE 2011-2012 FFEFZFH]
BEOH (B2) F=xMK

1. (10 43) RmES v = (yz, 22, vy) PIBEFIEE.
2. (15 43) IFEE A&

/(y2 + 22)da + (2% + 2?) dy + (2® + y*) dz,
L

HA 2k L2 2B3K0 {(2,y, 2)|2* + > + 22 = a® 2 > 0} SEKE {(z,y,2)]2” + > =0} (a >

b>0) KL, L WEmRYS = Mkt s T &,

3. (30 43, B/NAE 15 47) THEEE AL AR 4

(1) //(gf—x) dy dz+(z*—y) dz dz+(2”—2) de dy, K S = {(z,y,2 ’z =2—12"—y* 2> 0},
smmmézmmEﬁmm o
// s(rdydz+ydzde+zdzdy), A S = {(fc,y,z) Sl A 1},

s ( a72+y + 22)2 9 16 25

1k 1Ay 72 i A ).

4. (15 %) L@ TFHABEEME L = {y=225+1:2 € [-1,0}u{y = —22°+1 : z € [0, 1]},

L%Eﬁ%ﬁﬁxﬁ%%ﬁﬁiﬁm\/—%gi?y
L

5. (15 47) Wi S = {(z,y,2)|z> + 3>+ 2> =1, 2 0}, EMEM n 25 2 fhiEm R
BRI R, BB f = sin(2? + o + doyv/2), g = 2% + 7 + 422, RV / (VfxVg)-dS.
6. (15 4) LW A WA 2 EE AR A S, XA MBI & A
LR 2 52 R A R XEE, BRaR 00 e, n 2 00 KR isbEm &3,
P B R AR W =3 B i g w4
(1) (2 47) W f =& 2 BIeREL IE:

//(m ds = ///Afdxdydz

2 2 2
ﬁﬁlgkef/ﬁmnmﬁmﬁﬁzv o7, gj+g§
(2) (57 )uﬁXEQLE’Jui&wEM—o flon =0, EM: f=0.
(3) ¥ vy, vy AEENIE 2 ERIFEY, HE: VXxov, =V Xy, V-v, =V -0y, MAEEHE

vy = vo? HEOL, FUEBZ; HAR, IR A G BRI v = vs.
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L Hezarir (B2)

2.11 PFEBERARKE 2011-2012 FFEFFH
WESH (B2) SR

1. (15 4) B f(z) = arcsin(cosx) ¥ f( ) £ [~ 7] FJEIFRL Fourier 203, Witk

Fourier ZEHICSIIE, %ﬁﬂﬁﬁlﬂzik%@ﬁz on _1) FIAT

2. (15 4) REH f(z) = e lsin2z EI’J Fourler AR
3. (16 4) HI T % Py

—+o0
cos 2% dx

(1) 1
! dz
<2>/0 Y e

4. (10 97) HEB: /2 arctan(tana) ;.

0 tanx

5. (16 43, /& 8 47) iEW:
+oo
(1) &S EMR / e "sinazdr 7€ 0 < b < +oo LIEL, EAR—FULEL,
0

+oo
(2) AMERIESEE € > 0, / e sinzdr £ 0 < e <b < oo L—FkSh.
0

6. (10 47) ¥ f(x) 2 R LRBESLAMIRE, M FRA f/(x) /£ R _EZEBOEH, IV

f(x) M) Fourier &% a, M b, WiE: 4 n — oo B, H n-max{a,,b,} — 0.
+o00
s ) R [ et ar = YT BRI A

(1) it& /+OO$ e dz (n IEE?%%C);
(2) W ERIZE L > 0, KB F(N) = e 1 Fourier 48 #.

PR
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2.12 FEBERARKE 2012-2013 FFEF_FH
HeEAH (B2) SN

1. (20 4, B/\E 10 ) EHEY v = (202,292, 2% + 2%2 — 1).

(1) K v BIBEE V x v;

(2) ] v ZER—NERHAS? He, Kb v B—1HRE
2. (30 43, |/ER 15 %))

(1) RMES v = (2,2,y) L r(t) = (acost,asint,at) (t € [0,27]) K1 AL
g5, t MR IEM S, o NIEHEL

(2) WM S {2 = — 2% — ?[0® + 92 < a?}, S WIS = BIEFFR, REU //r.
ds, H r = (z,y, 2). i
3. (15 ) #a>b> 0, REGHIE {@,y)
L4 B THIAR.
4. (15 43) & f #& (0,4+00) REPEIEREL, FMEY v = f(r)r, HH r = (2,y,2), r =|r].

(1) ;v R THES;

(2)# V-v=0,:K f.
5. (10 4) % v 28 LAEXHEL 2 = {(SE,:W)

2 2
S 1} 0 4t {(x,y)

2 b2\

2 2
Y N
b—2+¥<1} A

Teat iyt < g} ORI R,
S = {(:C,y,z)‘:c2 +y° + 27 =1}, IEFASNER. R // Vxv-dS=0.

s
6. (10 4) & u 2@ XIE R® LHOEIERE, v & R® LDREHER; 2 2 R —1ME R
Xk, BRI S =00 e, 3 H R u W2 u(r,y,2)=C, V(z,y,2) € S, i C

N EL. UE B
///Q(V x v -Vu)drdydz = 0.
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2.13 FEBERARKE 2012-2013 FFEF_FH
WESH (B2) SR

SlIl n

1 1
1. (20 73) FeREL f(2) = { - < JEFT AR Fourier 2%k, 3K Z

, Izl <p

, |zl >1 sin z cos 3

Z.

#] Fourier 284, HiH5H /

1, |zl <1

2-@0ﬁ)*@ﬁf@){

T sin

da: (1) gaxtiiesh, (2) 2 sk, FFud

3. (15 %) W9 p MG/ U /

R, ’

4. (15 9) ¥ fx) 78 [0,1] HLEH. f(z) > 0, FIFEE g(y) = / xyfi) dz [FIELETE.
0

e T — e—2x

+o0o
5. (10 4) 41 (ii%%*%&ﬁé%)?):/
0

cosz dx.

1
T4

6. (10 %) BFIF Euler 45 / e
7. (10 47) &
() () 1 i -+c0) ET BRI TEBIE T 0
(b) fz)dz < +oo;
(c) ﬁ(x) 1E [a, +o00) LATHH

400
SRAE: / o f'(x) dz WLEL.




%2 #a HBEESH (B2) 2.14  2013-2014 “FAEEE A =K 55

2.14 HERFHARKE 2013-2014 FEFEZFH
WO (B2) HSRMR
1. (15 43) RMEY v = (y,2,2) WL r(t) = (acost,asint, bt) (t € [0,2n]) BFIZE AL
Bor, ¢ R MZHIERZE, o, b NIEHE L
2. (15 %) 5B // yl VZdS, Jerh 5 HTE = = 2 4 o2 (= < 1).
b
3. (20 4) CHIMER v = (2* — 2yz,9° — 222,32° — 22y — 1), HIl: v BHZE—MRTH?
i, Rl v F—HmE
4 (20 %) HEMLEY /
L
5 B(2v2,2) —EL
5. (20 57) WRE r =i+ yj + 2k, IFid r = |r]. IEH:

1
///T2dV:—//7‘27‘-ndS,
0 5 M

Horb 2 Rl S Pt B E R AR 6 XK, n 2l S AL ANE .
6. (10 43) # 2 C R® A FHXIE, Hilaf 00 ot A, n 2 002 MRAINER. &
JCH R w2 2 R, B 2 i A AR

Lo
au an

rdy —ydx

g e LRI o = 2y +2) M A(-2v2,2)

= O’
o1

Hra >0 NEH. UEW: o £ 2 BENE.
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2.15 HFEBERARKE 2013-2014 FFEFFH
WESH (B2) SR

1. (16 53, B/ 8 7))

(1) HRRMAXIE [a,b] ERATEHAPJ7 AR 0 oA 2 4850 ] AR XA R 75 ALY
WA, VEUEI; 75 025 H s 1.

(2) REL f(x) = 2° 7EX A [1,2] B3N 1 347 Fourier BT, HEA 1331 Fourier
PRSI A7 XSO B, e & — Sy XMREAE » =0 LeEZ 2
b7
2. (30 97) ¥ f(z) = |z|, x € [-m, 7).

(1) (5 77) & f SR BVEEANE L b, BN 2r BIRREL. 5 IS0 5 R E X

(2) (10 43) tFEH f(x) 7E [—m, 7] LRIFE RN Fourier AL,

(3) (5 41) 1A Fourier AR WSk #lish, B2 A7 E U H.

(4) (10 73) KT IRPIA A
1
& 1P

1

(b) ; 2n — 1)
3. (10 93) W f 1E [—m,n] L0, £/ AR HAF AL W f(—n) = f(r), WEM:

Mg

(a)

lim na, = lim nb, =0,
n—-+o0o n—-+o0o

HA a, b, N fAE -7, 7] LI Fourier R
4. (24 57) FEREE:

1, 0<x<1, 1
Ni(x) = Ny (z) = / Npq(z —t)dt, m > 2.
0, else, 0

(1) (10 77) WEW: Nin(z) = Ni(z) * Ni(x ) ok Ny (o), o« o B RIS H.
mIﬁ

(2) (10 43) g5 N, (x) B Fourier 224t F[N,,,](\).

(3) (447) BAm=1,2,--- B, F[N,,](\) & Fourier A8 # 1125 K2 A7 15U IHEEH.
5. (20 47, B/ 10 43) HEEE f(a) =e 7, HP B> 0,2>0.

(1) 15 f(x) B9 Fourier 1E5%78#k)3RIA T,

(2) FIH EARZER, EH: B a>08>00, F

+ .
/ Ooxsmﬂxd vy
0

a? 4 22 2
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2.16 HFEBFERAKE 2015-2016 FFFE_FH]
BEOH (B2) F=xMK
1. (50 47, B/ 10 53) THHEEL

(1 )j@%#ﬁ”&lﬂéﬂ%%ﬂ/\yﬁ yda + |y — 2| dy + zdz, H LT AEKE 22 +4° + 2% =1 5k
M 2° 4+ y* + 2° = 22 MLk, AR 2 BoER 24 FEm).

= a(2 — 2t
(2) RS = AR o § 7 " T O e b B R
y = a(2sint — sin 2¢)

(3) >R& —AYHhTHIAR 4
// .y 2) + ) dydz + (2 (2,9, 2) + ) dzda + (F(z,9, 2) + =) drdy,
S+

Hrf fa,y, z) NIELEREL, ST 2V © —y+ 2 = 1 FESEDYENRAR 731 L0,
(4) K =R B

// (z+yH) dydz + (y + 2°) dzda + (2 + 2%) dw dy,
S+

Horbr ST ORI 2® + ¢ = 1 BFIH 2 =0 M 2 = 3 Frakds i 4.
(5) R28 AUl A 4y

Y

// xdydz—i—ydzdx—i—zdxdy
S+ (22 + 42 + 22)3

Horp 5% 2 70l s, B AT ST k.
2. (15 9) BHlabewnE Haxb=(1,1,1),r = (v,y,2). RIANEH A= (a-r)bil}
e Lt FI3aE, Hp LT 9B 2 +* + 22 =1 5Pl 2 +y+ 2 = 0 IRL, Hmk
5 2 Bk s 2 A TFE N

3. (159 & f,g NEESLFEMEKEL, £(0) =g(0) =1, HREY F(x,y,2) = (yf(x), f(z)+
2g9(y), g(y)) RART, R f,g UKAEY F(r,y,2) KIHEEREL

4. (20 57) WHRE p(z) AESM S, £ BES)FE S RMERZEBOE W f A2 ¢ b, il

YRy 55 20y e+ 9(@) Y o g gy
C’+

xt + g2
(1) & LT NIEFPAHZE (2—2)%+y? = 1, AR o(2) FIELT, 3R
(2) ReEEL o();
(3) W C* SR By Ik R eI ] S & K

2zydz + ¢(z)dy
L+ zt +y? 7

2zy dx + p(z)dy
c+ xt + y2 '
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2.17 HERFHRKAF 2015-2016 FEFE _FHA
HESH (B2) SR
1. (16 4, /NG 8 4%) JIWi T AR A 2 B Usl

T sin/w
R

(2)/+ Onxfﬁzxdx
1
2. (12 &) i

(T re [O f)
2\/37 73 )
T o
o 4\/37 37
cos((6k +1)z)  cos((6k+5)z)\ 0 ve (Z 2_7T>
6k + 1 6k + 5 ) 373 )’
k=0 T 2
- I = 7,
443 3
T e (27T ]
T —, 7.
( 2V3 3

+ sin(ux)

de ZEFT u>0 —BUEL

w

. ) AW
(12 49) HIWTEL) /0 -
. (20 ) TFE AR
“+oo 1— efx
1 d
()/0 coszdx

T
T 0n(1 + a?2?) — In(1 + b%a?)
@ [ -
5. (20 4)

2

. 2 [T gin? 11—z, x€]0,1],

(1)1ﬂ55ﬂ:—/ Smucos(qu)du{ 0.1]
0

N

dx

T u?
+00 (i3
(2) THE: /oo 8123$ dz.
. (10 43) FEARAAER T HIZE r* = sin® 0 cos® O FIT ] BRI XS5k T AL
. (10 %) & e 1 Fourier A5#.

N O
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2.18 HERMEFEHRARKE 2019-2020 FFFE ZFH]
WESH (B2) % 10-11 =Nk
2020 4 4 H 20 H
1. % D= {(u,v)|u>0,v>0} ALAXIHE K

st ae (o, )ﬁ%ﬁ

2. &EIHES—{x,y, €R3’x+y+z:1,x,y,220}.Ek//xyzdS.
S

2
5. W feC\(RY), WL [V = (aj:) + (g—i) .
(1) IEW): VP, Q € R?, |f(Q) — f(P)| < |PQ);
(2) BOLIFHIZL (1) = x(t)i + y(t)F (t € [a,b]) Wi
a 9 0 |
= i) = 2,0+ X o0
GER: r(r) REL. DU R AR A LA

2020 & 4 A 26 H

/gdy/gcosxdx
0 Y x

5. SREE (22 +y* + 2%)? = 22y (x,y > 0) K
6. W D RTFHARXE, L =0D @NHEisk. n & oD WHRAINEME, v € CY(D),
v=Pi+Qj. F Green 2 EH:

[wmiee [ (259) g,

2020 4 5 H 18 H

7. Wov=ai+bj+ck RERE, r=xi+yj+zk. KREEW vxr FEE V x (vx7r).

‘ N _ . 1+2
8. &Eﬁﬂﬁsz{(xjy’z)’$2+y2+z2:1,220},/?5@52%1@?]@@” &f: 1+$2+y2’g:

4. R4

ry +yz + 2. 5]?@%3\/ (VfxVyg)-dsS.
s

9. W Q&R A XE, 002 ROGH I,
(1) ¥ f.g € C*(RQ), Wi/t Af = Ag. f|,, = 9lyo EW: f=g.
(2) ¥ vy, vy BEXTE 2 _FICH AR (ZH e SHOES:), WL
(a) Vxv =V xv5,V-v; =V

(b) v1|a(z = "’2‘89'
iEEU% V1 = Va.
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2.19 PFEBEHRARKE 2019-2020 FFEFE ZFH]
WEFESH (B2) 2 12 ZNK
2020 £ 6 H 3 H
1. R y = |z|,2 € [-m, 7] I Fourier %L

T R B A 4 Xosin(2n + 1)z
2. SR ;;

—————— z € [-m,7]
— (2n+1)°

n—o0

400
3. B {b,} R TR EARGES, HEH b, sinna 7 [~ 7] —BOSL EY]: lim nb, =
n=1

2.20 HERBFHARKAKFE 2019-2020 FEE S HA
#HESH (B2) £ 13 ZiR
2020 £ 6 A 10 H

“+o00
1. HEEFB I = / 20 gy,
1

T sintx

1+ 22
t) 7£ (0, 4+o00) FIELE;

P(1) 7 (
F(t) #£ (0, 400) LA,
F(t) 1E ( )

3. ¥ |a| £ 1 WEWE /
0

2. WFE{)= da. Kilk:
(1)
(2)
(3)

0, +00) BTG HEIFE (1) - F(t) = —.

t
da We8g, FHRIHA.

T sin x sin ax
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2.21 HERZEHARKE 20072008 FFEF—
FaH (I1)  BARER

. \ TU — Yo = N d(u,v)
1. (20 9) ¥ u,0 RHTEAL U e R e, SR
yu + v =1 O(z,y)
2. (20 %) TR //st, Hobt S B « byt o= 1 2EHENRIH

3. (10 47) iH&EE A i A o

//(y2 + 2% dydz + (22 + o) dzdx + (2 + y*) do dy,
s

Hp S 2 BB 2% + 92 + 2% = a® (2 > 0) 1L
4. (20 47) KiE: MEY
F = (2* —yz,y* — 2w, 2% — wy)

2 R g g (AU 5E8RT0K), IR F I3 ks (RIReR%L o, MHBERN F).
5. (20 47) W f(x) 2&LL2r AR RE, H

(1) 3R f(x) B Fourier Z%;
I R o VA
(2) RH ; — A ; TRV .

6. (10 47) W f(iv,y, 2) FEHER (2 — 20)® + (y — 40)> + (2 — 20)® < R* A =M %2 4L,
H
B 0*f 0 f O*f B
Af= Ox? + oy? + 022 0

2 S LA (20,90, 20) AL, LA r (0 < < R) AFARIERT. UERT: AR)

4;2 //S f(z,y,2)dS

5 r xR,
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2.22 FEMFERARKE 2012-2013 FEFZFH
WEDH (B2) HIERER
1. (15 4) Wu=u(z,y),v=o0v(ry) ZH FHKTE
{u2+v2+x2+y21,
utv+z+y=0

i E s, &k Y
d(x,y)

2. (15 43) &

VT VT
/ dy / 2% sin(zy) da.
0 y

3. (15 43) THEIWL 20 = v HHLK y = 20 — 2 FrHE XA AR

4. (15 4) REH o BB HES F = (2 + bay + 3yz, 5 + 3arz — 2, (a + 2)vy — 42) ZHH
Py, FRH e A e %k

5. (15 4) W o NREEH, K cosax {E [—m, m] L1 Fourier 20, FHuEH

COS T 2 1 > a
sinar T (%jLZoﬂ—n?) '

n=1

—+00

6. (15 %) Kil: f(z) = STt 0 < a < +oo LA LS SH R
1+ (z+1)?

o

DI [ (x) + f(x) = At

7. (10 43) W D & xy Vil _EARFZBOCHE M E B XK, f(2,y) /£ D _EA —HriEss
{40, Hwi 2 iR
o*f  Pf af af

@+a—y2:2aa—x+2ba—y+cf,

Hea,b,c NHEEH ¢ > a® + b KIUE: # f £ 0D FEAE, N f £ D FERE.
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2.23 HEBEHRARKE 2013-2014 FFEFE ZFH]
WEDH (B2) HAXRZER
1. (20 4, ®/NER 10 9) HH F5I%
(1) HHE R ERMES V = (2 + 2y, 2° — 22, y* + 2) WREFEUE;
(2) iHHE = E%D/\//amtan dedy, Hb D AN 2* +y* =4 (2,y > 0), 22 +9* =1 (z,y >
0), 5HZ y = Ml 2 = 0 Frilpr FA X .

T = ucosv
2. (20 43) CEUENEM S MHFE  y =usine (0 < u<5,0< o< 27), Wlek:

="

L V3 7 )mw¥ﬁﬁh,

2" 23
dl, Hip L& S FZ2%E u =75 G a2k,

(1) it 5 b 5M<

(mﬁﬁ%ﬁﬁ%/?“ﬁz
L

n—l

2—1

1, Jzo]< 2
3. (20 47) WKL f(2) = . 2 J& R Fourier 244k, 3K Z

0, §<‘I|<7T

4. (20 57, |/ 10 47)
+oo —ax? _ _—bx?
(1) HER S / idx, HPEE b>a>0;
0

IZ
2
(mﬂ%EMxﬁﬁﬁﬁi/quiﬁm.
0
5. (20 4Y) 4 R® o AT M, i=1,2,-- 0, BHE

n -
F($7y72) = Zv (_47”"‘) )

i=1

sy

Horfry > 0 NIERIEE v AR M(x,y, z) BIBER M, RIS, SROGIEE M S
R XA N 73X n ANEE A, WK Pl S R,
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2.24 HERIFHARKTF 2015-2016 FFEF =8
MES (B2) HIKER

1. (15 97) W u=u(z,y), v=o(z,y) ZHFHMITE

u2—|—1)2—|—x2+y2:1
utv+x+y=0

rE e i E s, &k ALY
d(x,y)

2. (15 43) &

VT VT
/ dy / 2% sin(zy) da.
0 y

3. (10 89) # D ALMIL + =0,y =z, y= 5 FIFHRIMH ﬁﬁ:@%\// Si%dxdy.
D

4. (15 47) R ZTARZAA
//w3dydz+y3dzdas+z3dxdy,
s

Horbrii S & FRRERE 2 = /1 — 22 — 2, ¥k b
5. (15 9) KREH o FHEMEY F = (2* + 5ay + 3yz, 52 + 3axz — 2, (a + 2)ay — 42) &7 H
P, FF3R H B 55 R 2L §
6. (15 43) W 1,29, -+, 1, e lE8, H sz = n. A Lagrange EEIEH:
i=1

n
1

xlE _<n7
. ﬂxi

=1 i

o0 7:ct2
7. (15 8) KiF: f(a) = / Lt T 0 <o < oo T R I
0
1
Fla) = fla) = YT

2z
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2.25 HERERARAKRE 20162017 FFE_FH
HEDH (B2) HAXRZR

1. (12 43, B/ 6 97)

0z 0z

L _ 2 2 o v o YR UR

(1)1X2_f(xay)7$_u+2U7y—ue-;‘k‘au,av-
L T = cosv + usinv ou Ou Ov O
(2) RIFELH PR R R S8 S, o0, 22, o
Yy = sinv — ucos v dy’ oz’ Ay’

2. (124) Wa;>0,b;>0(=1,2,--,n).

(1) A Lagrange iRk f(ay, - ,2,) = Zbkxk e Zakxk =1 NHIRMAE.
k=1

(2) B (1) Pt AR bezz 3 (Zn:aixi) .

3. (12 4) % f(o) BESNIEE, £0) =0, HBZLRD [ (% + f(x)yde + f(x)dy 5
C
(1,1)

rILR. K (e + f(z))ydx + f(z)dy

(0,0)

4. (14 47) % a,b,c & 1EHL, RKE A Mo

//(by2 + c2?)dy dz + (c2® + az®) dzdx + (az® + by?) dz dy,
s

Hrph S 2 BBk o® +y* + 22 =1 (2 2 0) (1 B
5. (124) Wa,bc NAE, LA S : 2°+y°+2° = R* (R > 0) 5°FH X : ax+by+cz =
0 BIAZ 2k, HITIMZ)E N: PimdE L FigsghfiE)r w5 2 KEE (a,b,c) A TR, 1HHE

oAl AR o) ?g(bz—l—c) dx + (cz + a) dy + (ay + b) dz.
s

6. (18 47, /& 6 77)
-1, - 0
(1) SRIEIA 2n WAL f(z) = { CTT ST i Rourier 5
1, 0<xe<
cos(2n — 1)x
(2n — 1)2

In(1 4 tx) dz & LHIREL F(t)

0<z<m).

2) Rk Zﬁ; (3) 1 (1) Bo% bR Z
n=1

sinx

7. (12 5) WL A SRR F(1) = /0 o
R [0, +oo) LTS L
8. (8 %) & D JLHDCHEAML L FEMKE, WY f(r.y) £ D LA —HriEs 94,
Hii 2 yaif af_o HH fE L FERNE

(1) RiE: A e B 5 P(x,y), Q(x,y), 15

0Q or (0f (Of\? _
o oy © (a‘) e (a—y) o mweD,

(2) iFW: f 7 D FENE,

x2
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2.26 HERIZFHARKSF 2017-2018 FFEFE 5
}EO (B2) HAERER
1. (15 47) W F BE—MESm S, w = w(z,y, 2) 2712

Flz —aw,y —bw,z — cw) =1

(Ut a,b, ¢ 9380 FTAE S, Bk aa_“’ +bg_w +c_ .

2. (15 ) RTLEHL f(x,y) = Y £E (0, 0) [*) Taylor %ﬁﬂ’]ﬁ] 41 (EF] 3 K).
3. (15 47) &
v = (a12? + 2010y + c1y?)i + (a2x2 + 2boxy + c29°) g
P EY. MEE a, b, e (@ = 1,2) WA A%, v Z2—NME %, HFREN—1H
BRIEL.
1 1 p
4. (15 47) #& p,q o IEEL j?/ z <ln —) dz.
0 x
= (),
5. (10 9) W L &P B pum g, RSB REERA ’ ZE; tel0,2n]. L
y=ul(t),
7R 5250 ¢ B 7 ) —20 UEH: L BREIXImER F 24T

7r§ n(and, — bycy),

HA (a,,b,) & o(t) B Fourier &%, (c,,d,) #& ¥ (t) 1) Fourier %L
6. (10 43) 3K f(z) =e™ (a #0) 1E (—m,m) W Fourier 4L, FHiuk#e:

_ cosh(am)
~ sinh(an)’

7. (10 47) e
S{(m,y,z) € R3‘x2—|—y2 +22=1,2> 0},
BRERS 2 #iEm E. &%

1+ 2

fey) =1rary

g(z,y) = 2y +yz + 2.

D/\/ VfxVg-ds.

8. (10 43) & |af # 1. iEW: By /ﬂomdx s, R HAE.
0
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2.27 HERFRAKE 2018-2019 FFEE_FH
W5 (B2) HEAERZER

1. (10 %) i&E%ﬂ?‘?ﬁqﬁ(erngg) — 0 B T — MR = — Ff(ay). z\z:ﬁﬂ/gz
2. (10 43) KRihi 2z = /2% + 2 @/\flﬁx +y® = 2z IR TR
3. (10 43) z‘ﬁﬂ/\f—///\/ ———b—Q— dV ﬁﬂPVﬁa‘ﬁﬁﬂﬁ—er—QJrz—g—l L.
4. (10 4y, B 5 4%) uw_y :322@-_%3—% = UAE RS\ {0} LI, H
r= /2212 + 22

(1) ;v fINERE ¥ x v = O; (2) KRG v BB R

5. (15 93) WHEY v=—xi+ayj+ x2+y2+z2—ikz, M S ={2* +y*+ 22 =1}, &
FIIE R R ANER . RIAEI V x v TEER B S B4

/ V xv-dSs.
s

+o0
6. (15 %) HEEHMS [ = / 26D 1.

1

7. (15 47) W f(x) = cosh(z — 1), 0 <z < 1. KIZRBUPRIZHHL, IFHIER:

n2r24+1 e2—1

n=1

sintx

5 du. SRAIE:
14z

8. (15 4%, B/ 5 57) W F(t) = /+OO
(1) F(t) 5 (0, +00) Lites:
(2) F(t) #£ (0, +00) £ F; '

(3) F(t) £ (0, +o0) EZWral 3 Hi 2 ITHE F'(t) — F(t) = -2
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2.28 HERZFERARKE 2019-2020 FEFE_FH
BN (B2) HiRER
2020 £ 9 H 8 H
1. (10 49) B flu,v) 7 R FAESMRSE, & Fla ):/S::af(eroz v—a)de, R F/(a).

2. (10 %) &= @w\/// 22 447 do dy dz, HABU KR Vi - = 2(95 R 5
i - — 8 [
3. (10 %) HEE /

0 T

400 e aT _ e—bx
sinzdr, HH 0 <a<b.

1 —
xnl

S VI

5. (10 47) SR 1 // xdydz—i—ydzdx—l—zdxdy, Horpr X ONBEFE 2 +y* =1
W2 =0 M 2 =3 Fras s,

6. (10 %)

<
s

5 <z

2
).

(2) 4% IWMZQ Low Z oy i
7. (6 %) Wi IER A, T

4. (10 %) & n,m > 0, FIH Euler 51+ H >

Y

BRI

@FFEELJ 21 AJEIAN) Fourier 03 (Zihig Hllesh

1’2 y2 22
F(m,y,Z)IiCyZ—)\:O, G(%Z/,Z)Zﬁ"‘ﬁ"‘g_lzo

FEER — BRI — AR D), R SL R D)7 1.

ry
, (zy) #(0,0),
8. (10 &) ik f(x,y) = {W +y? £ (0,0) Ab f332E Sk AT fie:
0, (z,y) = (0,0)

9. (6 ) B f(x,y),9(x,y) ERMAE U = {(z,y) : 2 +y° <1} B —FriEsk T4, H

% = 99 0 e BB AT (€ 0), A S(Emn = ol€ m)E
10. (6 4Y) WAL f(z,y,2) KL © = {(2,9,2) : 2% + 7 + 22 < 1} FAA SN

2 2 2
S, BE 0L+ g£+g£\/x2+y2+z2,ﬁ%ﬁ

I—/// < —+y8—f+z%> dx dy dz.

11. (12 %)

b
(1) % u = ax + by, v = cx + dy, HH (a d) Fee 1B A2 W R
c
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UER: X EAERE NS (B0 ST BE Y f, A

o*f  *f  0Pf  0°f
ou? + o2 Ox? + oy’
(2) W u = u(z,y), v=v(r,y) A _IrELFW T DR PAEELEREY
[, NHIEEEAT

o*f  *f  0*f  0°f
ou? + o2 Ox? + oy?’

ou Ou
(a) VEW]: ZHCEH Jacobi HFE (gg %) J TE KR
o dy
Ou Qu
(b) EH: (gg gg) JH AR,
oz dy
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2.29 HERFRARKE 2020-2021 FEE - FH
MES (B2) HIKER
2021 % 7 A 16 H

1. (6 %) B I(u) = / = dg R T'(w).
smu‘ 1
2. 124, B4 Bo=(L- -2+ Z1-Y) (y>0,2>0).
z oy z oy 22

(1) W v B35
(2) RICEHS
1,2,3

(3) THE v - Tds.

(1,1,1)
3. (20 47, B/ 10 577)

(1) WA [ oV ds St LR o 4y = 4, By — o B o BES %
R FEER AR y

(2) % u(z,y) FEEE D 2® +y* < v DA ZIESRS4L, H 8 Z = sin(z® +y?),
n SRR OD [ERIANER, T IR yﬁ % g

op oM
4. (12 9) HERS 1 = //2(1 + z)dydz + yzdady, i S ik y = 2 (0< 2 < 1)
5% Bl AR R T A TH Yi?ﬁl—‘% o FlE R R A VR
5. (10 ) i v= (P +2Hi+ (22 +2%)7 + (2 + )k, iHEIER
I= yg(yQ + 28 dr + (22 + 2%) dy + (2% + ¢?) dz,
L

Hrp LB 2® + o + 2° = 4o 5T 2% +y° = 22 ML (2 > 0), I\ 2 HIIERE L L
NG 7 1)
6. (16 47, B 1 /J\E'ﬁ 6 97, £ 2 /{10 577)

(1) f(z) = §_x T € [0 ] T R Z AL

()j@ﬁwf)@ﬁz 2,2 2,2 [,
7. (16 43, #E 1 /J\E:E 4 ﬁ, % 2, 3 /J\E’ﬁ 6 ﬁ)

+o0o

(1) KR o) = 5 o WU 2 HORE Vi

(2) L]ﬁ(@IHT FIH Euler ﬁ”/\ﬁrﬁ o();

(3) IEHH: & X (o) FEXIA] [—ag, ] E—FULEL (0 < ap < 1).

8. (8 47) & P(x,y), Q(z,y) A ZWriZE M FE, HXME—r (vo,90) NEC, FE r >0
HNFARRIER L2 =20 +1rcos, y=1yo+rsinfd (0<0<m), 1HE

/LP(x, y)dz + Q(x,y)dy = 0,

‘ 9,
W P(x,y) =0, a—cj(a:,y) =0.
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2.30 PEMEFFARKE 20212022 FEFE _FH]
WEDH (B2) HAXRZER
2022 -7 H 1 H

1. (10 43) KT (g)
2. (10 4) RPAH f(z) = cos® v — sin® x + %sin 2z (v € [—7,7]) 1) Fourier %k,
3. (1249) RAEG v=(y+2)i+ (z+2)j+ (x +y)k UEHHL

L:7(t) = (cost,sint,t), tel0,2n]
HIRR gy, For ¢ R E i IR [ S 4L

&

1 1

4. (15 9) REH f(z) = { el <L, EIXA] [—7r, 7] EREFFHN Fourier 2%k, HtbK
0, 1<|z|<7

% Zsinn 5 Zsinin BRI

5. (15 63\) jﬁﬁ%iﬁ;v—xy i+ y2%g 4+ 22’k FEERIED S« 2® 4+ 9% 4 2% = 2 WAV, M S 1
1R[] 2 A ). o
1, —yrt+zj
6. (15 ﬁ) SR a, b HB R IESEEL, PN EY v = m
(1) K v FEXI Dy = {(z,y) € RQ‘ZB > 0} A R
(2) W v RRIKEL Dy = {(2,y) € Ba® 1 o7 > 0} LR (65%) 3.

+oo
715 ) wEEEG [ U i SERIE
0

8. (8 &) WMRHL f(v,y,2) 1 R® B MriEsm 4L, HHXMMTE— S Py = (20,0, 20) RAT

BIEHr>0f .
s [ ez as = g

Hr S ZPL Py NERD, r NEERIER. SRIUE: f & Laplace J5#2

0*f O*f Of
0x? + Oy? + 022

Af = = 0.
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$ 3 7 BWER (B3)
3.1 HERFERARKXE 20202021 FEE—FH
MEHH (B3) Mgk

1. (15 ) W {\.} &2— 1 IEET, ZAn = +o0, B {z,} BELBISLEL a. KT HEI IR
n=1
PR:

AMT1L+ XXy + -+ A\Tp
AMAA 4+ A

2. (15 47) W f 2V 2n NEEAM k BV IESE TR AL (K > 1), a,, b, 2 f 1 Fourier &

#. UERH:
1 1
anzo(ﬁ), bnzo(ﬁ).

3. (20 93) W f B RMAIXIE [a,b) EHNESREE f(a) = f(b) = 1.

(1) UEB: f71(1) = {z € [a,0]| f(2) = 1} 2V

(2) W & D = [a, 0]\ {f71(1)} ZFTEE;

(3) & D 53 f#N—HI A BT X 8] (A BREGE FTE0) { (an, bn)|n = 1,2, -+ - } BIFFEE, IE
B £ = {b, —anln=1,2,---} A K.
4. (20 47) & f 22IXIH [0,1] E/ Riemann AIAREREL, H f 7E x = 0 Abi#ELE. & LR f,
R

n:

/ft” €01, n=1,2---.
(1) Kea 3 {f,.} BIRFR (A7 ZEH);
(2) WEM: REE {f,} — ks
5. (15 53) B {wn} R—MHMES, B REHRMAZE. % lm (2,0 — 2,) = 0, IEW: B
se— /M) (LAl 5%5@%%)
6. (15 43) WAL Zanx flk s 1, Hona, = 0 (n — 00). 18 f(x Zan :

WEH: 5 lim f(z) = A, N Zan:A.

r—1—
n=1

73
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3.2 HERFFHARKAKFE 20182019 FEE—FH
HESH (B3) HIKEK
2018 41 H 9 H

1. (12 9) e — N B e — 6 iES EHAGR N iy i

(1) 2% {x,} +& Cauchy %l;

(2) & XAE [0,1] ERSHEREL f —FUESE.
2. (12 47) W U & n 4ERRIRAE N R™ A ST 74E, oU & U WS, JFH K Cc U
& R" FIEECF4E. IE: oU AT, FFH d(K,0U) == inf{lz —y| : 2 € K,y € 0U} > 0.
3. (10 47) & f R&SEHAR LW 2r FREL, f 7E [—7, 7] b Riemann AIH, H 2 € [—7, 7).
LM W f e oo ARIESE, A Jim onf(wo) = f(xo), HH onf(x) 2 f(x) 5 Fejér #

2
1 sin MELg
K = 2
w(@) 2(N +1) ( sin § )

1) JE SR
4. (14 47) & (-,-) N n 4k Euclid 27 R™ L/ Buclid WAL, 4% 2,y € R, t € R.
(1) % ¢(z,y,t) = (x+ 2,y + o, t +t + (x,y) — (,y), HHF 2,y e R" t € R. UEF: ¢
N (2n + 1) 4ERRICZS ] R*H 21H G CF S50% .
(2) W f & R FEAEBCCEMIES R UE:
/ f(o(z,y,t))dedydt = / f(z,y,t)dedy dt.
R2n+1

R2n+1

5. (10 93) W f 5 g ALHLR L C' SHEREL £(1) = g(1) =0, I H (1) # (¢(1))%
S I
F:R =R, (2,9,2) = (f(zy) + g(y2), f(yz) + g(zy)).

WEHL: Fr,y,2) = 0 7624 (1,1,1) BHEH#E (v, 2) = (y(x), 2(z)).
6. (14 47) % D =(0,1)x(0,1), Bk P = (x,y) € D NAEH A, WRE PR 2,y #REH
FUH LN TR B S BRI P e D [ P = (g g) ot (pyg) = (o) = L.
1N € X Riemann PREY f:

(a) 2 P — (g fqi) L 5 BT A S O, S F(P) = i

(b) 4 P RAEAH SR, 52 5 f(P) = 0.
WEB: f AR A A, JE R //D Fa,y)dzdy = 0.
7.(14 ) BT = {(2,y,2) € R¥|p(z,y,2) i= (2® +y* + 22 + R? —1?)? —4R*(2* + y*) = 0},
HftR>7r>0 NHEHL

(1) UEH: T 9 R® shif € i

(2) WEBH: e XAE T LRIREL f(2,y, 2) = 2 + y* + 2% REEREIEKA, R HZAA.
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8. & {f.} RBEMRMHXIHE [a,b] L Riemann AJFREA], H {f,} —ElkshT f.
b
(1) iEH: %051 {an _ / 1) dx} Voo, VIR o

b
(2) IEBH: f 1E [a,b] | Riemann AJFRFEH / f(z)dz = a.
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